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Abstract: This paper presents a Kriging interpolation method for constructing a database of atmo-
spheric refractivity in Korea. To collect as much data as possible for the interpolation, meteorological
data from 120 regions of Korea, including both land and sea areas, are examined. Then, the normal-
ized atmospheric refractivity Ny, is calculated for an altitude of 0 m, because the refractivity tends to
vary depending on the altitude of the observation site. In addition, the optimal variogram model
to obtain the spatial correlation required for the Kriging method is investigated. The estimation
accuracy of the Kriging interpolation is compared with that of the inverse distance weighting (IDW)
and the bi-linear methods. The average and maximum estimation errors when using the Kriging
method are 0.24 and 1.32, respectively. The result demonstrates that the Kriging method is more
suitable for the interpolation of atmospheric refractivity in Korea than the conventional methods.

Keywords: Kriging interpolation; atmospheric refractivity; wave propagation; radar corrections

1. Introduction

Detecting targets earlier and at longer distances has long been a major aspiration in
long-range radar applications, and considerable research has been conducted to achieve this
goal [1-5]. These long-range radars can detect targets with a radar cross-section (RCS) from
several square meters up to 400 km. However, in the atmosphere close to the Earth’s surface,
the refractivity index varies depending on the altitude, which causes the electromagnetic
waves radiated from the radar to propagate in a bent path instead of a straight path [6-9].
Therefore, as the detection distance increases, a larger detection error can be expected due
to this change in the atmospheric refractive index. Thus, it is important to estimate the
propagation path of the radar signal in the real environment by analyzing the atmospheric
refractivity and finding a correction value that can compensate for the detection error.
In this regard, the atmospheric refractivity index can be obtained from meteorological
data such as the temperature, humidity, and pressure, but such meteorological data can
only be measured in limited locations where meteorological observatories exist [10-12].
Therefore, the atmospheric refractivity at a location without meteorological observatories
must be predicted using the interpolation and extrapolation methods. In the previous
research for the interpolation of the atmospheric refractivity, various methods such as a
nearest-neighbor, linear interpolation, and inverse distance weighting (IDW) methods were
used to predict the refractivity in arbitrary locations [13-15]. However, since these studies
conducted interpolation only using data obtained from less than 10 stations, the reliability
of the interpolation results is not sufficiently verified. In addition, previous studies used
the N- or M-units [16] to express atmospheric refractivity, but these values tend to vary
depending on the altitude of the observation site.

In this paper, we analyze the Kriging interpolation method for constructing a database
of atmospheric refractivity in Korea. To collect as much data as possible for the interpolation,
meteorological data from 120 regions of Korea [17], including both land and sea areas,
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are examined. The atmospheric refractivity of N is then calculated using the collected
meteorological data such as the temperature, humidity, and pressure. Herein, since the
meteorological data generally tend to vary depending on the altitudes of the meteorological
observatories, the atmospheric refractivity N is normalized to the altitude of 0 m. Moreover,
the Kriging interpolation is performed using the normalized atmospheric refractivity N,
for the 120 regions. The optimal variogram model for obtaining the spatial correlation
required for the Kriging method is investigated. In addition, the estimation accuracy of the
Kriging interpolation method is compared with that of the IDW method. The estimation
accuracy of the interpolation methods is confirmed through the difference between the
actual measured value and the estimated value obtained through the interpolation.

2. Variogram Model Design for the Kriging Interpolation

Figure 1 provides a conceptual figure of the Kriging interpolation method. The Kriging
method is a sophisticated geostatistical procedure for generating an estimated value from a
scattered set of points with measurement values. In Figure 1, X, is the position at a total
of n points (x =1, 2,3, ..., n), while z(X«) is the measured value at X«. Xe is the position
where the estimated result z(X «) is obtained and is expressed as follows [18]:

zx(Xe) = i waz(Xy) 1)
a=1

where w is an unknown weight for the measured value at the x-th location. When
applying the Kriging interpolation method, w is obtained from the variogram wherein
the correlation according to the distance between the measurement points can be observed.
To obtain the variogram model, we first examine the dissimilarity between two values.
For example, if z(X;) and z(Xy) are the measured values at X; and X, respectively, the
dissimilarity between the two values is expressed as follows [18]:

2
g = (X0 ~200) o

this dissimilarity y* can be calculated for all the sample pairs in the data set. Therefore, the
dissimilarity y* can be rewritten as follows [18]:

1
7*(h) = 5 (2(Xa +h) —2(X))? ®)
where h is a vector of the spatial separation between the two arbitrary points, while y* for
the spatial separation h can be plotted, as shown in Figure 2, which is referred to as the

variogram cloud.

O Positions with measured value
> Positions with estimated value
—Vector of the spatial separation

Figure 1. Kriging interpolation.
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Figure 2. Example of a variogram cloud that includes all the dissimilarities (y*) for the data set.

Figure 2 shows an example of a variogram cloud for the atmospheric refractivity data.
The atmospheric refractivity data in this study is obtained from all the meteorological
observatories in Korea, and detailed information about these data will be provided in
Section 3. As mentioned in relation to Figure 1, y* can be calculated using all the sample
pairs in a data set. However, as can be seen in Figure 2, it is difficult to identify the clear
spatial correlations between each data sample using the variogram cloud. Therefore, the
separation distance Ah is applied to the variogram cloud. For example, in Figure 2, the
entire spatial separation h is divided into 21 regions using the separation distance Ah = 0.25.
Then, the average value of the points of the variogram cloud in each region is derived,
which is termed the experimental variogram.

Figure 3 presents the experimental and theoretical variograms. The black square marks
indicate the experimental variogram for the variogram cloud explained in Figure 2. When
compared with the variogram cloud, the experimental variogram more clearly explains the
spatial correlation of the data set, as shown in Figure 3. However, since the experimental
variogram has discontinuous values, theoretical variograms with continuous values should
be obtained. To construct a theoretical variogram, various covariance functions, such as
the spherical model (solid line), exponential model (dashed line), Gaussian model (dotted
line), and circular model (dash-dotted line), can be applied to the experimental variogram,
as shown in Figure 3 [18]. Subsequently, the obtained theoretical variogram is used to
calculate the weights of all the sample points [18].
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Figure 3. Experimental and theoretical variograms.
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3. Data Normalization of the Atmospheric Refractive Index

Figure 4 illustrates the locations of all the meteorological observatories in Korea. The
red and blue circles indicate the locations of the meteorological observatories on the land
(96 points) and on the sea (24 points), respectively. To obtain a reliable interpolation
result for the atmospheric refractivity, we collect as much data as possible from all the
meteorological observatories. With the collected measurement data, the atmospheric
refractivity can be obtained using the following equation [16].

x= 25.22(71;73‘2) ~ 531 <log 2722) @)
ex
es = 6.105h; - = G)
N = (77.6 « 1076 x £ 40373 x es) x 10° )
T T2

where P is the air pressure in hPa, and , is relative humidity. e; is the water vapor pressure
in millibars, and T means the absolute temperature in K. Since the air density gradually
decreases as altitude increases, the atmospheric refractive index N is also affected by the
altitude at which the data are measured.

39
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Figure 4. Locations of the observatories in Korea.

Figure 5 presents all the altitudes of the meteorological observatories in Korea. As can
be seen in Figure 5, most of the meteorological observatories are located below 150 m in
altitude, but some base stations are installed at high altitudes of over 700 m. Therefore,
the altitudes of the ground stations vary from the lowest altitude of 1.4 m to the highest
altitude of 772.4 m, and the altitudes of the 24 stations located on the sea are all assumed
to be 0 m. Since meteorological data generally tend to vary depending on the altitude
of the observation site, the atmospheric refractivity N is also affected by the altitude.
Therefore, in order to eliminate deviations in the refractive index according to the altitude,
the atmospheric refractivity N should be normalized to an altitude of 0 m.
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Figure 5. Altitude of the meteorological observatories in Korea.

Figure 6 illustrates the histogram of the atmospheric refractivity N and normalized
atmospheric refractivity N,,. These meteorological data are measured at 01:00 a.m. on 1
January 2022. Generally, under standard atmospheric conditions, the atmospheric refractive
index N can be assumed to decrease by 0.039 for every 1 m increase in altitude, meaning
that the normalized atmospheric refractive index N, can be expressed by the following
equation [16]:

Ny = N +0.03%h (7)

where h is the altitude of the meteorological observatory. N has an average and a variance
of 308.1 and 32.7, respectively. On the other hand, N;, has an average and a variance of 311.3
and 20.6, respectively. The result demonstrates that the normalized atmospheric refractive
index N, has a smaller variance and a higher average when compared with N, because the
deviation in the refractive index according to the altitude has been removed.

g

[ Normalized N (NV,)
L N-unit

—— Fitting curve for N,
—— Fitting curve for N

—
o o
T

Number of samples

‘I

0 ‘
280 290 300 310 320 330
Atmospheric refractivity

Figure 6. Histograms of the N and N, for the atmospheric measurement data.

4. Kriging Interpolation

Figure 7 shows the average and maximum estimation errors of the Kriging interpola-
tion according to the variogram models. To calculate the estimation error, we perform the
following procedure: First, the value of one arbitrary region is removed from the collected
data of all 120 regions. Then, the interpolation is performed using the data of 119 regions
without the value of the arbitrarily removed region. Finally, for the removed region, we
calculate the difference between the actual and interpolated values. This procedure is
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performed iteratively for all 120 regions, and then the average of the errors obtained for
each region is calculated. In Figure 7, we also compare the average errors according to the
variogram models such as spherical, exponential, Gaussian, and circular models. When
using the spherical model with the Kriging method, the average and maximum errors are
0.24 and 1.32, respectively, which are the smallest values when compared with the errors
obtained when using the other models.

3 : : : : : 30

Average error
JOXID TWNTITXBIA]

Spherical Exponential Gaussian Circular

Variogram model

Figure 7. Average and maximum estimation errors of the Kriging interpolation according to the
variogram models.

Figure 8 presents the interpolation and extrapolation results for Korea obtained us-
ing the normalized atmospheric refractivity N,,. These results are obtained using the
Kriging, bi-linear, and IDW methods, respectively. The average and maximum errors
of the interpolation results are listed in Table 1. From the results, when using the Krig-
ing method, the average and maximum errors are 0.24 and 1.32, respectively. The result
demonstrates that the Kriging method can obtain better estimation results than the other
interpolation methods.

Table 1. Estimation errors according to interpolation methods.

Estimation Method Average Error Maximum Error
Kriging 0.24 1.32
Bi-linear 1.97 8.4

IDW 3.81 11.34

Figure 9 shows the results of the Kriging interpolation using four-season data covering
winter (1 January 2022), spring (1 April 2022), summer (1 July 2022), and fall (1 October
2022). The average and maximum errors of the interpolation results are summarized in
Table 2. The average estimation errors of the interpolated winter data are observed to be
low (on land: 0.28; on sea: 0.12). On the other hand, in the summer, the average errors are
increased (on land: 0.51; on sea: 0.32). The maximum errors are also higher in summer
(on land: 7.83; on sea: 0.93) than in winter (on land: 1.32; on sea: 0.58). In all the cases in
Table 2, the estimation errors on the land are higher than those on the sea.
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Figure 8. Comparison of the interpolation results for 1 January 2022: (a) Bi-linear; (b) IDW; (c) Kriging.
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Figure 9. Kriging interpolation results for the four-season data: (a) winter; (b) spring; (c) summer;

(d) fall.

Table 2. Summary of the estimation results for the four-season data.

Average Error Maximum Error Average Error Maximum Error

Season on Land on Land on Sea on Sea
Winter 0.28 1.32 0.12 0.58
Spring 0.26 1.12 0.16 0.69
Summer 0.51 7.83 0.32 0.93
Fall 0.53 4.12 0.5 2.44

Table 3 shows the results of examining the average and maximum errors using the
four-season data after expanding the data observation period to 1 month. The Kriging
interpolation method can estimate the atmospheric refractivity with low average and
maximum errors of less than 0.38 and 8.78, respectively. In addition, similar to the results in
Table 2, the average error and maximum error for one month’s data are found to be smaller
in winter than in summer.

Table 3. Summary of the estimation results for the four-season data (1 month).

Season Average Error Maximum Error
Winter 0.25 3.25
Spring 0.38 8.78
Summer 0.69 12.21
Fall 0.62 14.01

Figure 10 shows the average and maximum estimation errors of the Kriging interpola-
tion on January 1 of each year from 2014 to 2024. The average estimation errors remained
in the range of 0.19 to 0.3 over the 11 years, and the maximum estimation errors remained
in the range of 1.29 to 3.89 during the same period. This result means that for the same
date, the estimation error does not change significantly if the year changes.
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Figure 10. Kriging interpolation results for data on January 1 of each year from 2014 to 2024.

5. Conclusions

We investigated the Kriging interpolation method for the construction of the database
of atmospheric refractivity in Korea. To collect as much data as possible for the interpolation,
meteorological data from 120 regions of Korea, including both land and sea areas, were
examined. The normalized atmospheric refractivity N,, was then calculated for an altitude
of 0 m. To obtain accurate Kriging interpolation results, we examined the estimation error
of the Kriging interpolation results when using various variogram models such as spherical,
exponential, Gaussian, and circular models. The result of the Kriging interpolation with the
spherical variogram model had the lowest average and maximum estimation errors of 0.24
and 1.32, respectively. This result demonstrated that the Kriging method can obtain better
estimation results than the conventional interpolation methods. In addition, the estimation
accuracy of the Kriging interpolation method for the four seasons was investigated. The
average and maximum estimation errors of the interpolated winter data were low at 0.25
and 3.25, respectively. On the other hand, in the summer, the average and maximum errors
were as high as 0.69 and 12.21, respectively.
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